
The adjugate matrix

Let A be an n × n square matrix and Aij be the matrix obtained
from A by omitting the ith row and the jth column. Then we
define the adjugate of A:

adj A =
[
(−1)i+j |Aij |

]T

=


(−1)1+1|Aij | (−1)1+2|A12| · · · (−1)1+n|Ain|
(−1)2+1|A21| (−1)2+2|A22| · · · (−1)2+n|A2n|

...
...

...
...

(−1)n+1|An1| (−1)n+2|An2| · · · (−1)n+n|Ann|


T

If A is invertible then A−1 = 1
det Aadj A.

For the matrix B =

[
a b
c d

]
one computes adj B =

[
d −b
−c a

]


